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5

Introduction

Orientation

In this thesis I look at Frege's views about the structure of 

formalised language and how they can be applied to natural 

language. Those views are presented most explicitly in 

Grundgesetze, where they are used to generate a second-order 

language, but Frege's formation rules are very different from 

those that a present-day logician would use. They make essential 

use of what he calls unsaturated expressions and many people find 

these mysterious. I argue that unsaturated expressions are 

linguistic functions, that is to say, functions whose values and 

arguments are either linguistic expressions or other linguistic 

functions. Understanding them in this way removes much of their 

mystery.

The main proponent of such an interpretation is Geach and yet 

there is a lacuna in his account. Whereas all unsaturated 

expressions are linguistic functions the converse is not true.

I dub these awkward linguistic functions pathological and show
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to extend Frege's ideas also fails.

This thesis ends with my own account of how Frege's ideas 

should be applied to natural language. This involves rejecting 

the assumption that natural language contains at least the same 

multiplicity of unsaturated expressions as Frege's 

Begriffsschrift. Instead, I take seriously a position which has 

much in common with Frege's view that expressions like 'the 

concept horse' are genuine singular terms. This position is 

formalised in combinatory logic which is expressed in a language 

that contains no variable-binding operators and in which there is 

only a single unsaturated expression. In such a logic it is 

possible to solve all of the combination problems in a 

satisfactory way. And as combination problems do not arise in 

languages with variable-binding operators, all of Frege's 

insights into such languages are retained.

Combinatory logic is not invoked as a deus ex machina just to 

solve the combination problems. Duramett, Geach and Potts all 

make use - with various degrees of awareness that they are doing 

so - of combinatory ideas. What I show is that it is essential 

to do so in order to solve these problems. Thus, the main 

conclusion of the present work is that if you begin with the idea 

that the way in which the expressions of a language combine 

should be understood by analogy with the way in which a function 

combines with its argument to yield its value, then the way in 

which this idea works out in the case of a formalised language 

with variables is different from how it works out in the case of 

a natural language. In the case of a formalised language - such
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of the eye to a microscope. (Begriffsschrift. Preface.)

It should be mentioned that Frege regarded the Begriffsschrift 

as a language. For him it was something to be used. He looked 

forward to a time when - by adding extra signs relating to 

different disciplines - the Begriffsschrift would be a unifying 

framework for existing formalised languages (and he specifically 

mentions those of arithmetic, geometry and chemistry in this 

connection) and a springboard for the formalisation of other 

disciplines (such as pure kinematics, mechanics and physics, 

ibid.). This is an important point because later workers in the 

field of mathematical logic have treated formalised languages as 

objects of study. If they are used at all, it is by beginning- 

students and in order to prove formally a few results that are 

necessary for the informal proof of metamathematical results.

The most important fact about the Begriffsschrift for the 

present study, however, is that the model that Frege used for the 

formation of propositions in it was that of the application of a 

function - as understood in its mathematical sense - to its 

argument or arguments in order to yield a value. Closely related 

to this is the fact that Frege also explained the way in which 

the extra-linguistic correlates of the constituents of a 

proposition combined together by analogy with the way in which a 

function combined with its argument or arguments to yield its 

value.<6> Frege was very aware of the innovative nature of this.

<6> I do not think that it is possible to say which - if either - 
of these had the priority in Frege's thought at this time, or 
even if they were clearly separated at all times in his 
thinking, because he tended to mix up use and mention in the 
early part of his career.
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be used to make up functional signs and the class of entities 

that can be both the values and arguments of functions. For 

example, to the first class he added the signs ' >', Ό  and ' = ' 

(amongst others) and to the second class he added the truth- 

values and human beings (as well as other entities). It is 

important to note that although Frege does extend the notion of a 

function in these ways, he has a distinct reluctance to make use 

of functions that can only be expressed in ordinary language.

The final passage that I want to mention in order to establish 

the importance of function theory on Frege's thought occurs in 

the posthumously published fragment "What may I regard as the 

Result of my work?" In that fragment, he answers the question 

which is its title as follows:

It is almost all tied up with the concept-script, a concept 
construed as a function, a relation as a function of two 
arguments, the extension of a concept or class is not the 
primary thing for me. unsaturatedness both in the case of 
concepts and functions, the true nature of concept and 
function recognized. (P.200. The original punctuation has 
been retained.)

(Although he goes on to say that he probably should have first 

mentioned the judgment-stroke and the dissociation of assertorie 

force from the predicate, this quotation shows that his first 

thoughts in response to the question concern functions.) These 

passages also show that Frege applied function theory both to 

language and to the extra-linguistic correlates of expressions. 

His understanding of the latter changed over the years, because 

he did not always distinguish between sense and reference.
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by a subject and an accusative; and only because their sense 
is thus 'unsaturated' are they capable of serving as a link. 
(P.205.)

These passage clearly show that Frege used the same terminology 

of functional signs, their senses and their referents. He 

applies, for example, the expressions ’unsaturated' and 

'incomplete' to the functional entities on all three levels. 

Moreover, they show not only that, but also that Frege conceived 

of the combination of an unsaturated item with a saturated one on 

each level in the same terms. He would not have done this if he 

had radically different ideas about the modes of combination 

involved on each level.

The principle of parallel interpretation only applies to what 

is true of a functional sign (or its sense or its referent) in 

virtue of its being unsaturated or incomplete. There are many 

things that are true of a functional sign that are not true of 

its referent, say. For example, linguistic negation is an 

operator which makes a proposition out of a proposition.

Clearly, the referent of linguistic negation does not do this as 

well. For Frege it maps truth-values into truth-values. But if 

we can establish that when predicated of ontological negation the 

word 'unsaturated' is used to indicate that it is a function, 

then we can conclude by means of the principle of parallel 

interpretation that linguistic negation is also a function. This 

principle is quite useful and I need it at several places in what

follows.
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